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Muc tiéu bai hoc

Hiéu khai niém cung va géc luong giac, chiéu duong va chiéu am.

>
» N3m hai don vi do géc: dd va radian, biét chuyén di qua lai.

» Biéu dién cung, géc trén dudng tron lugng giac va viét céng thirc tdng quat
o+ K2m.
Van dung vao bai tap nhan biét vi tri diém cudi ctia cung.

v
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Khéi dong

[ Y chinh: Vi sao kim ddng hd quay m3i ma ta van néi "3 gid"?

Hay tudng tuong mét chiéc du quay khdng 15 trong céng vién. Mbt cabin xuit phat &
vi tri thap nhat, quay h&t mot vong rdi quay tiép nia vong nita.
» Cabin d3 quay dugc bao nhiéu réi? M6t vong rudi? Hay 540°7

» Néu quay theo chiéu ngugc lai thi sao?

Lién hé thuc té

Géc théng thudng (hinh hoc) chi tir 0° dé&n 360°. Nhung chuyén dong quay thuc
t& c6 thé quay nhiéu vong va theo hai chiéu. Ta cin mét khai niém méi: goc
luong giac — dé 1a ndi dung bai hoc hém nay!
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Khai niém cung va goc lugng giac




Duodng tron dinh huéng

Dinh nghia chiéu +

Dudng tron dinh huéng la dudng tron
trén d6 ta chon mét chidu chuyén déng
lam chiéu duang, chiéu con lai |3 chiéu
am.

Quy uéc: chiéu dudng 13 chiéu ngudc

chiéu kim déng ho. chidu —

EduFlow - agentra.io.vn 5/41



Cung luong giac

Dinh nghia

Trén dudng tron dinh huéng, cho hai diém A (diém dau) va B (diém cubi). Mét diém M di dong
tir A theo mét chidu nhat dinh dé&n B vach nén mét cung lugng giac cé diém ddu A, diém cubi

B, ki hiéu AB.
Y chinh: Véi ciing A va B, c6 vé sb cung lugng gidc — chiing khac nhau & sé vong quay va
chiéu quay.

Gibng nhu di tir nha dén trudng: c6 thé di thing, c6 thé di vong qua cong vién rdi mdi téi. Clng
diém d3u va diém cudi nhung "quing dudng quay” khac nhau.

6/41
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Géc lugng giac

Dinh nghia B

Khi tia OM quay quanh gbc O tir vi tri tia
dau OA dén tia cubi OB, n6é vach nén mét

goc lugng giac, ki hiéu (OA, OB). ‘
A

M3i cung luong gidc AB (ing véi diing mot
géc lugng gidc (OA, OB) va ngugc lai.
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Don vi do goc: do va radian




Don vi radian

Dinh nghia

Trén dudng tron ban kinh R, cung c6 d6 dai bang R dudc goi 13 cung c6 sb do 1
radian (ki hiéu 1 rad).

Ca dudng tron dai 27R nén c6 sb do /N
27 rad, tuong (ng 360°.

180° = 7 rad
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Cong thirc chuyén déi dé <> radian

[ Y chinh: Tir 180° = 7 rad, ta suy ra moi cong thitc d8i don vi.

180
aoza-%(rad), arad:a-7(d§)
bo 30° | 45° | 60° | 90° | 180° | 360°
T T T
Radian | ~ | = | T [T 2
adian ; 1 3 5 ™ T

Luu y: Khi viét radian, ngudi

EduFlow - agentra.io.vn

ta thudng bé chir "rad”: vi du viét g thay cho g rad.
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Do dai cung tron

Dinh nghia

Cung tron ban kinh R c6 s6 do « (rad)
thi c6 do dai:

¢ = R|a

Lién hé thuc té

Kim phat déng ho dai 10 cm, quay g

(mdt géc vudng) thi dau kim di dugc:

Ezlo-gzlf),?cm.
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Dudng tron lugng giac




Duong tron lugng giac

Dinh nghia

DPuadng tron lugng giac la dudng tron dinh huéng c6 tam O, ban kinh R =1,
gén véi hé truc Oxy; diém gbc 13 A(1;0).

Y chinh: M3i s6 do géc o xac dinh ding mét diém M trén dudng tron — diém
cubi clia cung. Toa d6 cia M chinh 13 (cos a;sin ).

Bén diém d3c biét trén hai truc: A(1;0), B(0;1), A'(—1;0), B'(0; —1) img véi cac
3m

cung 0, g, , -
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Duding tron Iugng gidc

truc sin (y)

truc cos ()

(1:0)
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S6 do téng quat cha cung, géc ludng giac

[ Y chinh: Quay thém mét vong di (27 hay 360°) thi diém cubi khéng doi.

Né&u mét cung cé sb6 do o thi moi cung ciing diém cubi c6 sb6 do:

a+ ke (ke€Z) hosc  a°+ k360°.

Lién hé thuc té

Déng hd chi "3 gid” hém nay, ngdy mai lai "3 gi¢” — kim d3 quay thém nhiéu
vong (k vong) nhung vi tri thi nhu cii. S6 k chinh 13 "sé vong quay thém"
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Vi du ap dung




Vi du 1: Déi don vi goc

D@ bai: a) D&i 72° sang radian.  b) Déi %“ sang db.

Budc 1. Nhic lai cong thitc chuyén déi (tir 180° = 7 rad):

o _ 7r _ 180 ..
o’ =a- o5 (rad), arad=a - (do).
Buéc 2. Cau a — nhéan sb db véi % rdi rit gon:
° s 21 2
2P =72 L = 5T .
=12 T 180~ 5 29
p A NPT .. 180 . VA
Bué&c 3. Cau b — nhan so6 radian v8i —, chi 7 triét tiéu:
T
bt _5m 180 _5-180 _ 0.0

4 4 4

I Két qua: 72° = 2% va % = 225°.
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Vi du 2: S6 do téng quat va vi tri diém cubi

P& bai: Cho cung lugng giac c6 sb do 2?771- Viét dusi dang o + k27 v6i 0 < a < 27 va xéc dinh vi tri
diém cubi.

Budc 1. Tach 2€)T7r thanh phan "sb vong nguyén” va phan du. Vi 27 = %Tﬂ-, ta chia:

25 24w 0w 8r w
T o1 tiTh gty
Buéc 2. Nhan ra %T = 27 nén thu dugc dang téng quat:
2‘?771-:54_3.2# = a= % k= 3.
Budc 3. Quay thém 3 vong di khong lam déi diém cubi, nén diém cudi triing véi cung % — n3m &

giifa géc phan tu thir nhat.

a 2 2 . x
I Két qua: % = % + 3 - 2mr; diém cudi ing véi 45° (gbc phan tu |).
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Minh hoa Vi du 2

Dé dua cung 16n v& [0; 27): chia s6 do
cho 27, |3y phan du. S vong nguyén
bd di vi khéng déi diém cubi.

L6i thudng gap: quén ring quay theo

x /[
chiéu am thi kK < 0, vi du 1 van cé

- R R .
diém cuoi tai 1
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Luyén tap nhanh - Cau 1

Luyén tap nhanh - Nhan biét
S6 do clia mét cung tron c6 thé duoc do bing don vi nao sau day?
A. Chi dé.

B. Chi radian.

C. Do hodc radian.

D. Mét vuong.
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Pap an- Cau 1

Dap an ding: C. Do hoac radian.

Cung va géc luong giac déu do dugc bing ca hai don vi. A, B 13 bay vi chi nhé mét
don vi; D nham s do cung véi dién tich.
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Luyén tap nhanh - Cau 2

Luyén tap nhanh - Nhan biét
D3i 180° sang radian ta dudc két qua nao?

A —

Onw
)
3
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Pap an - Cau 2

Dap an ding: B. 7.

Vi 180° = 7 rad. A nham véi 90°; C nham vé6i 360°; D 13 hé s6 di 1° = 189 cha
khong phai 180°.
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Luyén tap nhanh - Cau 3

EduFlow -

agentra.io.vn

Luyén tap nhanh - Nhan biét

Diém M 13 diém cubi cla cung luong gidc
xult phét tir A. S6 do cung AM (theo chiéu
duong) bang:

7

A —
2

m
B. ——
2

C«

3
D. —
2
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Dap an - Cau 3

Pép an dang: A. f.

Cung di ngugc chiéu kim dong hd (chiéu derng) mot géc vudng = 90° = . B sai dau
(chidu duong phai duong); C, D nham vi tri diém cubi.
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Luyén tap nhanh - Cau 4

Luyén tap nhanh - Théng hiéu

D3i 2% rad sang d6 ta dugc:
A. 60°
B. 90°
C. 120°
D. 150°
EduFlow - agentra.io.vn
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Dép an - Cau 4

Dap an ding: C. 120°.

Zr . 180° — 120°. A 13 by khi I3y Z; B nhdm Z; D nhim 3F do tinh sai phan sb.
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Luyén tap nhanh - Cau 5

Luyén tap nhanh - Théng hiéu

Cung lugng gidc c6 sb6 do 2§)T7T c6 diém cubi tring véi diém cudi cha cung nio sau

day?
A.

SN

B.
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Dép an - Cau 5

Dép an ding: A. %.
2?7” =7+ 67 = T+ 3-2m. B3y: quén rang phai trr bdi clia 27 (khong phai 7). D 13
két qua sai néu trir nham boi 1é cha 7.
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Luyén tap nhanh - Cau 6

Luyén tap nhanh - Théng hiéu

Diém cubi N n3m & géc phan tu thi 111,
cung quay 210° theo chiéu duong. Sé do
cung nay theo radian la:

AT
A 6
B. °T
N 6
i
C. —
4
a7
D. —
3
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Dap an - Cau 6

7
Dép an ding: A. %

210° = 210 {&; = TF. B 12 150° (doc nh3m hinh); C I3 315°; D I3 240° — déu do ddi
d6 sang radian sai.
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Luyén tap nhanh - Cau 7

Luyén tap nhanh - Van dung

My Ba diém M, My, M5 chia déu dudng tron,
id ~ 2
biéu dién cung g + k%. Khoang céach géc
gitta hai diém lién tiép la:
™
: A A =
3
> 5 5
g 3
9 e
C. =
2
. T
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Déap an - Cau 7

P
Pap an ding: B. g

Ho cung § + k3 cho 3 diém cach déu nhau 2L (tirc 120°). A 1a by khi I3y nhim s6
hang dau Z; C, D khéng chia déu dudng tron thanh 3 phan.
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Luyén tap nhanh - Cau 8

Luyén tap nhanh - Van dung
M@t banh xe quay dugc 3 vong trong 6 gidy. Trong 1 gidy, banh xe quay dugc mot goc
bang bao nhiéu radian?
A m
B. 27
C. 3w
71'

D. -
2
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Dap an - Cau 8

Dap an ding: A. 7.

3 vong = 3 - 21 = 67 rad trong 6 s = mdi gidy %’T = 7. B 13 by quén chia thdi gian
(lay 5F); C nham 3 vong = 3m; D chia sai.
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NGi dung luyén tap & I6p

1. D&i cac gbc sau sang radian: 30°, 45°, 135°, 300°.

2 3 Tm 11w
2. Doi ca dé: —, —, —, —.
Oi cdc cung sang do: o, -, =
R < v 13 7
3. Tim diém cudi va biéu dién trén dudng tron lugng giac cac cung: 2T s —%.

Goi y

Diing 1° = {55 va 1 rad = g. V6i cung 16n, trir béi ctia 2 dé dua vé [0; 27) rdi xac
dinh géc phan tu.
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Bai tap vé nha

1. D&i sang radian: 15°, 72°, 210°, 315°.

: 2w 5w I
2. Doéi sang d6: —, —, —.

PSANE T g T g

. < 25 17

3. Xac dinh diém cuoi cac cung: Tﬁ, —Tﬂ.

AL A , R L 2 . (4R LI Lo iR % i
4. Viet cong thic tong quat cla cac cung cd diém cudi trung véi diém cudi cung 3
5. Mot cung c6 s& do a va mét cung o + k27 khac nhau & diém n3o? Cho vi du.

Doc trudc: bai "Gia tri luong gidc clia mdt cung” — chuin bi dinh nghia sin, cos trén

dudng tron lugng giac.
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Bang téom tat - D6i don vi

D6 Radian Géc phan tu
T
30° § I
45: ; I |II
3
180° T [/m
270° 3771- /v
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Bang tom tat - Cong thirc can nhé

EduFlow -

agentra.io.vn

No6i dung

Cong thirc

Déi d6 sang radian

Déi radian sang do
Cung c6 cling diém
Do dai cung

Chiéu duong

cudi

T
Qrad = Qg5 - @

180
Qgs = Qrad * ——

Y
a+ Kr, ke Z

¢ = R-|a| (« radian)

Ngudc chiéu kim dong hod
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» Cung va gbc luong gidc ducc do bing dd hoic radian; ndm viing hai cong thirc
ddi qua lai 1° = 1500 L rad = %.

» Chiéu duang 13 ngudc chidu kim dong hd; sé do duong/am phan anh chidu quay.

» Céc cung sai khac nhau mét bdi cha 27 c6 ciing diém cudi: o + k2 — nhé trir
boi 27 chi khong phai 7.

» L3i hay g3p: sai dau chiéu quay, ddi don vi nham, quén diéu kién bdi 2.

Lién hé: chuyén déng quay ctia banh xe, kim ddng hd hay Trai D4t déu duoc mé t3
bang géc luong gidc — nén tang cho ham sé luong giac sip hoc.
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Cam on cac em da lang nghe!
________________________________________________________________________________________________________________________________________
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